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ABSTRACT

A torsion-free abelian group is called minimal if it is isomorphic to all of its finite
index subgroups. We characterize the minimal completely decomposable groups of
arbitrary rank. Moreover, we classify those (finite) sets of types T, such that every
(almost completely decomposable) bounded completely decomposable group with
critical typeset T is completely decomposable.

1. Introduction

The notion of minimality appears in several ways in the theory of abelian groups. It

was Ó hÓgáin who investigated the different notions of minimality systematically in

his doctoral thesis [5] for the first time. In this paper we concentrate on the following

definition: A torsion-free abelian group G is called minimal if it is isomorphic to all
of its finite index subgroups. Among the minimal groups there are extensive classes of

well-known and interesting abelian groups, e.g. Whitehead groups (see [5; 6]).

However, many questions on minimal groups are still unsolved, and in this note we

consider one of them. Ó hÓgáin proved in [5] a characterisation theorem for minimal

completely decomposable groups of finite rank. We shall extend this result to the

infinite rank case, which was left open in [5]. In order to do so, we prove the

relationship between completely decomposable minimal groups and bounded

completely decomposable groups (almost completely decomposable groups, respec-
tively). We obtain a characterisation of the typesets T, which have the property that

every bounded completely decomposable group with critical typeset T is already

completely decomposable. We will demonstrate that these are exactly the critical

typesets of minimal completely decomposable groups.

Notations follow those of [1; 2], with the exception that maps are written on the

right. For further details on the class of almost completely decomposable groups and

bounded completely decomposable groups we refer to [3; 4]. Further investigations of

minimal groups (of various kinds) can be found in [5].

2. Minimal completely decomposable groups

Recall that a completely decomposable group is a direct sum �
i � I

Ri of subgroups Ri of

the rational numbers Q. An almost completely decomposable group (acd-group) is a
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